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1. INTRODUCTION

converter, and power factor correction.

The electrical energy is almost exclusively generated,
transmitted and distributed in the form of alternating
current. Therefore, the question of power factor
immediately comes into picture. The A.C. motors,
AC/DC converters, arc lamps, arc furnaces, induction
heaters etc... are the main causes of low power factor.
The poor power factor results in the following
disadvantages [1,2]:

(1) Large KVA rating of transformers.
(ii) Large copper losses and greater ac conductor

sizes. -

(iii) Lower rated power ~kW) of the converters.
The power factor of a circuit is universally defined as
“the ratio oft/ic active or average power, in watts, to
the apparent power or product RIvIS volt time’s RMS
amperes at the terminals”. The above definition is
based on the assumption that loads on the system
have liner voltage-current characteristics (i.e. linear
load) and that harmonic distortion of the current and
voltage is not significant. With these assumptions,
the power factor is equal to the displacement factor.
Harmonic distortion in the current and voltage caused
by nonlinear loads, such as AC/DC converters,
changes the way power factor must be defmed [3]. In
this case, the total power factor is defined as “the

ratio of the total power input, in watt, to the total
volt-amperes in the circuit’, the total power factor
made up of two components; displacement and
distortion factors. The displacement factor is “the
ratio of the active power of the fundamental wave, in
watt, to the apparent power, in volt-amperes”. This is
the power factor that is measured by metering. The
distortion factor is that part associated with the
presence of harmonic current and voltage.

The association of tota! power with displacement and
distortion factors is important because it highlights
the factors which determine the overall power factor
of a system. It indicates that different criteria may be
adopted in dealing with the problem of power factor
correction (PFC) methods. If the power factor is
mainly associated with displacement factor, a high
power factor may be achieved by the use of energy
storage methods of compensation (reactive power
compensation). On other hand, if power factor is
mainly associated with distortion factor then methods
of harmonics elimination must be used to enhance
the AC line currents and some time it is required both
of them [4].
In liner loads, such as lightening and AC motors, the
PFC through the application of capacitor banks is
well known and widely practiced at all voltage level
systems. The capacitor banks are connected in
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ABSTRACT

The aim of this paper is to evaluate the power factor of the linear and nonlinear load. The effect of
poor power factor on the supply circuit is discussed. The general definitions and equations of
power relation are presented. The power factor under linear load condition is derived and
discussed. Under nonlinear load, the total power factor is made of two components: displacement
factor and distortion factor. The distortion factor associated with the harmonics present. The power
factor in terms of Fourier series coefficients is evaluated. The power factor correction (PFC)
techniques are discussed for linear and nonlinear load. . As case study, the power factor of three
linear different loads is calculated. A 3-phase , 6-pulse, AC/DC converter is taken as an example
of nonlinear load and the total power factor when feeding R- load and R-L load is evaluated.
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parallel with the equipment operating at lagging
power factor. It draws a leading current and partly or
completely neutralizes the lagging reactive power.
The power factor correction (PFC) in nonlinear loads
can be made if the distortion factor and displacement
factor are improved. The distortion factor is
increased by reducing the harmonic currents from
entering the main system by providing a shunt filter
of low impedance to the harmonic frequencies. These
shunt filters also supply all or part of the reactive
power consumed by the converter, the remainder
being supplied by shunt capacitor banks. In the
presence of harmonics, these capacitors can cause
parallel or series resonance with the system
inductance and the result may be the flow of
excessive amount of harmonic current and
appearance of harmonic over voltage which may lead
to excessive capacitor fuses operation and capacitor
bank failure. Another problem is the over voltage at
the consumer bus created by switching of the
capacitors, which can damage sensitive electronic
equipment [5).
The objective of this paper is to analyze the total
power factor under linear and nonlinear load
condition. The power factor correction (PFC)
techniques are discussed. The power factor of three
different linear loads is calculated. A 3-phase, 6-
pulse, AC/DC converter is taken as a nonlinear load
and the total power factor in this case is evaluated.

2. GENERAL DEFINITION OF POWER
RELATIONS

2.1. Active Input Power (F)
The active input power entering the network is given
by

2,rI e(oi,t)i(wt)dOJt
2g ~°

Where e (ort) and i Qnt) are the instantaneous supply
voltage.

2.2. Reactive Power (Q)
The reactive power is that components of
power created by combination of 900 out
current component with corresponding
component.

2.3. Apparent Power or Volt-Amperes (5)

The apparent power is the magnitude of product of
the supply voltage and current, both are in root mean
square (RMS) values, that is:

A

S=E.I

2.4. Input Displacement Angle and Displacement
Factor:

The angle between the fundamental supply voltage
and the fundamental component of the supply line
current is known as displacement angle (41). The

displacement factor can be defined as the ratio of the
active power to the fundamental apparent power and
is given by the following equation:

P
Q~s ço1=—- (3)

2.5. Distortion Factor (cos A):
The distortion factor is defined as the ratio of the
RMS amplitude of the fundamental component of the
input supply line current to its total RMS amplitude,
that is:

I

2.6. Total Power Factor (P1?):
The total power factor is defined as the ratio of the
total active power input, in watt, to the total apparent
power in the circuit, that is:

Total active power input (W
PF = (5)

Total apparent power input WA)

3. POWER FACTOR UNDER LINEAR LOAD
CONDITION

The linear load is that load draw a sinusoidal current
wave when supplied by a sinusoidal supply voltage.
Only the fundamental component of the supply
voltage and line current are exist and the active input
power could be described as:

P =— e (oit).i (a1).dafl
2,r

1 J2~J~E sin(ait ) .-.5I~ sin(ait +ip3dwt
2,r 0

Which leads to:

PEn.li.cosrPl (6)

Q=E,,J1.sin~ =S.sinq~ (7)

S=S,=E0.I (8)

From the above equations the total power factor is
given by:

~ .~_cos~ (9)

From Eq. (9), it can be deduced that in such loads the
total power factor is equal to the displacement factor.

4. POWER FACTOR UNDER NONLINEAR
LOAD CONDITION

(2) In the case of nonlinear load, the current drawn from
the main supply voltage is non-sinusoidal (distorted)
and can be represented by Fourier summation of the
fundamental and harmonics components [6):

JQor)=~.S11sinQDt ÷#~)

~2h02 ~ñIh sin(h&t +#h) (10)

(4)

(1) The reactive and apparent power will be:

apparent
of phase

voltage
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The active power drawn from the supply system due
to each harmonic compcment of current is given by:

~ ~_ HñE~ sin(ot).~fiJh sin(h&t +øi~ )dwt=±0

Equation (11) means the active power transferred
only by combination of voltage and current
components of the same frequency which is given in
Eq. (6).The total RMS line current and total apparent
power is given by:

S =E,,J~ =E~..]ZI
=1

The total power factor will be:

PF= ~_=.cos~~=L.cos~

Thus, the power factor of nonlinear load is made up
of product of two components: displacement factor
(cos tI) and the distortion factor ~ ) which

associated with the harmonics present.

Since, the current 4 is greater than I~ due to the
presence of current harmonics components, the
distortion factor is less than unity and hence the
power factor is less than unity even in those cases
where (cos t1)has it is maximum value of unity.

In the case of non-sinusoidal current, i.e. presence of
harmonics, which is generally the case in converters
it is necessary to define a further analytical
component know as distortion power or distortion
volt-amperes (D) which associated with the harmonic
currents. The power relations can be represented in a
phasor diagram as shown in Fig.1.
The total apparent power in this case is given by [7):

Since the only voltage component is the sinusoidal
supply voltage by neglecting the supply impedance,
the only relevant current component is the quadrate
component of fundamental current, this lead directly
to Eq. (7) for reactive power that is complement of
Eq. (6) for active power. The distortion power will
be:

D2=E,~ (ta]
5. POWER FACTOR IN TERMS OF FOURIER

SERIES COEFFICIENTS
The total power factor can be calculated by using the
Fourier series analysis. For a periodic non-sinusoidal
current i(ot) of a periodicity 2n radians the Fourier

[8):
I 2z01=—I i(wt).cosa’tdait

JO

= ~ Zrb f i(a~t).sin an dan
iT °

(11)

1L~1l+ZIh =
/,=2 = I

coefficient al and b1 for the peak value of the
fundamental line current are given as the following

(17)

(18)

The RMS value of fundamental line current (Ii) is
given by:

Jj=,J(a?÷bi2)/2 (19)

(12) The displacement factor can be calculated as follows:

cosØ1 =cosltan ~ = (20)
(13) b,j ~ +b,

The distortion factor is given by:

coss=J0~+~ (21)
(14)

The total power factor is found to be:

PF = (22)

6. POWER FACTOR CORRECTION (PFC)
TECHNIQUES

The power factor under linear loads can be corrected
by connecting the static power capacitors (capacitor
bank) in parallel with the loads. The capacitor banks
are an inexpensive source of reactive power. They
have the advantages of small losses, low initial cost,
little maintenance, easy installation and capability to
operate under ordinary atmosphere conditions.
However, they have drawbacks of short service life
(8 to 10 years), getting damaged on over-voltage and
uneconomical repair. In case of 3-phase loads
capacitor bank can be connected either in star or
delta. Depending on the total VARS requirements, a
number of capacitors are used which can be switched
into or switched out of the system individually [2).

(15) The leading KVAR supplied by the capacitor bank is

given by:

KVAR = ‘DIL (tan ç’~ - tan ~2) (23)

Where ~2is the corrected displacement angle.

If the losses are neglected, then KVAR per phase will
be equals the KV per phase and the value of
capacitor per phase(C) ~an be found as follows:

K VAR per phase
C= ~24

2irf .E,~J1

Another method of PFC in linear loads is by using
the synchronous machines which can be made to
operate with either a leading or lagging power factor
by controlling the field excitation. A synchronous
machine is referred to as synchronous condenser

(16)
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when it is dedicated slowly to reactive power
compensation. The synchronous condenser is more
expensive and much greater losses than capacitor
banks; however it injects or absorb~s reactive power
smoothly.

V

Fig.(1) Power phasor diagram of a nonlinear load

For the purpose of PFC in case of nonlinear loads,
the two factors of interest are the distortion and
displacement factors. The aim of PFC is to make the
product of these two factors to be unity [4, 91~
The displacement factor can be improved by
furnishing reactive power (KVARs) by external
source at the supply terminals, which supply and
compensate the lagging reactive power consumed by
the converters. The main sources of reactive power
are capacitor banks and synchronous condensers as
explained above.
The distortion factor is always less than unity.
Improvement in the value of distortion factor can be
done by reducing the level of current harmonics
using filters, higher pulse number of converter, line
current waveform modification, and other methods of
harmonics suppression [1].

7. CASE STUDY OF LINEAR ANI)
NONLJNEAR LOADS

7.1. Linear Load
In a purely resistive circuit, the current (IR) and the
applied voltage (e) are in phase. The total power
factor (i. e. displacement factor) is given by;

PF ~cosq, f~ I (i.e. unity) (25)

PF =cos~ =~—= ~J~T~iE[ lagging (26)

In a circuit containing inductance in series with
resistance (R—L Load), the current (IL) lags the
applied voltage by an angle (4j. The power factor
for such circuit is given by;

lagging (27)

7.2. Nonlinear Load
Diodes and circuits bridge converters are considered
as the most important and practical in the power
electronics universe. The 3-phase, 6-pulse bridge

converters are widely employed in the industry;
therefore it is taken as a case study of nonlinear load.

If the three-phase bridge converter feeding a resistive
load (B. load), there are two distinct modes of
operation for the converter depending upon the firing
angle.

In the range of firing angle 0 ≤ a ≤ 60° there is no
possibility for the load voltage to become negative.
Therefore, a Load current does not become zero. In
this range of firing angle, conduction is continues.

In the range of firing angleoo° ≤a≤l2O”, load
voltage tends to become negative when line voltage
passes through zero crossing. The resistance load
does not allow this and the voltage across load is
maintained at zero and current is also zero.
Conduction of converter in this range of firing angles
is discontinuous.
Fig.2 shows the waveforms of dc load voltage (heavy
line), secondary and supply line currents at no firing
angle (a = 0) and with resistive load.

Both the load current and the secondary line currents
are made up of parts of sinusoids, the primary phase
current waveforms in the star connected winding are
the same as those in the corresponding secondary star
connected winding divided by the turn’s ratio (T).

~ VThViJ, VA Vbc Vln Vcz Vii,

~~ f~f/~j /~p

/ Sf1 \i/ Sif Si? ~~i/ Six r~)
.i~ ~ ~i% ,‘.c

rim FZflI L -j
I I

iCc)

tint. . .
I I I

LbtHt
(e)

,rj3 2n13 iv 4,r13 5n13 2n

Fig.2 Waveforms of (a) dc load voltage (heavy line),
(b,c,d) secondary line currents (e) supply line

currents
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The displacement factor can be given as:

cos(c~)= [a? .fb,2]X =cosQz)

(28) form for all values of a and has value of (it/3), that is:

Combination of Eq.(6), the Fourier coefficients, and
Eq.(21), results in the following expression for
distortion factor:

[27+4ir’÷12.JLrcos2a]M 0’≤a≤óO’

L 4r(2r+3,fi cos2a) J
~:0s J =

[9[I+cos(2a—43)]’ +j4ff’-6a—381n(2a—z/3]’ 1460’≤a ≤120’

[ 4#[4r—6a—3sinc2a—,t/3] j

The supply total power factor is obtained using Eq.
(22), or can be expressed as the product of Eq. (28)
and (29) is given by:

I 2ff±3J~cos2a~
~ J

E42r6a35t~2a43)1 60’≤a≤120’
L 4~r J

Fig.3 shows the ~‘ariation of displacement, distortion,
and total power factors with firing angle.

0 30 60 90 120
Firing angle

Fig.(3) Distortion factor, displacement factor and total
power factor vs. firing angle for resistive load.

When the 3-phase bridge converter feeding highly
inductive load (R-L load), the operation of the
converter for a> 90° is not possible. The converter
operated as a rectifier only. The control angle range
is less than that of a converter feeding only resistive
load The voltage variation is from positive
maximum to zero for a varying from 00 to 90°. If the
dc inductance has a large value then the load current
approaches the waveform of pure dc. The supply line
current is free from ripple and waveform will be as
shown in Fig.4 for firing angles 0° and 60°.

cos(ô)=±= 0.955 (32)

The variation of displacement, distortion and total
power factor with the firing angle are shown in Fig.
5.

I
LI’ ~ ao’

(29) A
I.-.— ‘.. .

~ ~ co ~OI 010 •~0 14/’\ 2 fl 0’ 2’~ lfl 134’

U.
IA -: 14

(30) I’

LI’ ~ .b ‘a 30 If0 t’~1 700 ‘a t~~’.ca

Fig. (4) Supply line current and fundamental
waveforms for a 0 and a=60° with highly inductive

load,

Firing onfl’
e.o 90

Fig.(5) Distortion factor , Displacement factor and
total power factor versus Firing angle for highly

inductive load

8. CONCLUSION
In this paper, the total power factor under linear and
nonlinear load condition is presented. The total
power factor expressed as a product of distortion
factor and displacement factor. In linear loads the
distortion factor is unity and the total power factor
equals to the displacement factor. In nonlinear loads,
the distortion effect of the higher harmonic
components of the supply line current is expressed by

The displacement, distortion and total power factor at
the supply side can be evaluated in terms of Fourier
coefficients. The displacement factor can be found to
be:

2,r+3J3~2a

I[rn4z’+l2T3z~~~
4z-6a-3sin(2a-z4~

[[~i+~c~_~,’ +(4~r_&_3sin(2a_~fl)’]’

0≤a≤60°

£°‘≤a≤120’

(31)

Therefore, the displacement angle ($~) between the
supply voltage and fundamental component of supply
current is equal to the firing angle (a). The
displacement factor is unity at CeO. The distortion
factor for the supply line current waveform of Fig.4
is constant because the waveform retains the same

if
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the distortion factor. The displacement factor,
distortion factor total power factor of a 3-phase, 6-
pulse, AC/DC converter feeding R-load &R-L load
are derived. The total power factor is a function of
firing angle a, as a increase the power factor is
decreased. In case of converter feeding high
inductive load, it is found that the distortion factor is
a constant and has a value of 3/n .The displacement
factor is responsible of low power factor and
improvement of its value is recommended. The
displacement factor is responsible of low power
factor and improvement of its value is
recommended.. The disadvantages of low power
factor leads to the conclusion that it is an
objectionable feature in the supply system. Although
power factor improvement involves extra annual
expenditure on account of PFC equipment, yet
improvement of power factor to a proper value
results in the net annual saves for both the main
supply and the consumer.
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10. LIST OF SYMBOLS
a Firing angle.
9i Displacement angle.
‘~z Corrected displacement angle.
~h Harmonic phase angle between the h’th line

and fundamental phase voltage.
Cos pi Displacement factor.
Cos 6 Distortion factor.
D Distortion power.
Ed Average direct voltage.
E0 AC supply line-to-neutral voltage (RMS).
E,~ Maximum value of secondary phase voltage.
h Order of harmonic.
iQot) Instantaneous supply current
td Average value of dc load current.
‘dm Crest value of dc load current.
I~ Fundamental component of ‘L.

1~ Fundamental component of I~, assuming zero
phase control.

It. Supply line current (RMS).
K Integer no., 1,2,3
P Active input power.
PF Total power factor.
R Resistance of dc load.
S Total apparent power.
S~ Fundamental component of apparent power.
T Transformer turns ratio.
VA, V8, Vc Instantaneous line-to-neutral 3-phase

supply voltages.
VAB, VBC, VAC Instantaneous line-to-line 3-phase

supply voltages.
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